REMARK. J. de Groot in his investigation for a general classification of Baire spaces considered the above topologies (cf. [1] , [4] ). These topologies have come to be known as co-topologies.
DEFINITIONS. A filter base is regular if it is open and equivalent to a closed filter base.
A filter base ^/ is Urysohn if for each nonadherent point α, there exists a neighborhood V and Ge <%S such that Ci r FίΊ Cl τ G = 0.
REMARK. In this paper, the Bourbaki convention for the topological separation properties will be observed; specifically, all spaces are assumed to be Hausdorff. In the following theorem P denotes any of the following properties: (i) Hausdorff, (ii) Urysohn, (iii) regular, (iv) completely regular, (v) normal, (vi) completely normal, (vii) locally compact. In [2] , [3] , [5] it is shown that there exist minimal Hausdorff, minimal Urysohn, and minimal regular spaces which are not compact, while for properties (iv) through (vii) mininal-P is equivalent to compactness. We will now show that τ β Φ τ and (X, τ β ) is completely regular. Let us first note that since (X, τ) is regular and since Λ Sufficiency for properties (v) and (vi): Suppose the normal (completely normal) space (X, τ) is not compact. Then X is not minimal regular since a minimal regular normal (completely normal) space is minimal completely regular.
Hence there exists a nonconvergent regular filter base % with a unique adherent point x 0 . By Lemma 2, there exists a base β for τ such that τ β < τ and τ β is normal (completely normal).
Sufficiency for locally compact: Suppose (X, τ) is not minimal locally compact (i.e., not compact). Let (Y, τ r ) denote the Alexandroff compactification of X with Y -X U {p} where p&X. Fix an element x 0 in X and construct β -Λ'" U ^& as in the proof of sufficiency for completely regular spaces. One can show τ β < r and τ β is locally compact, and in fact, compact.
